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ÐåñéïäéêÞ ¸êäïóç Åðéêïéíùíßáò êáé Äéáëüãïõ óôá ÌáèçìáôéêÜ154

Ðáíáãéþôçò Êáíôéþôïò

ÌáèçôÞò Â´ ôÜîçò Ëõêåßïõ - ÐåéñáéÜò

¸óôù d1 = 1 – (m/n) êáé d2 = 1 – (n/m) ôüôå d1 = ⏐n – m⏐/⏐n⏐ êáé d2 = ⏐m – n⏐/⏐m⏐.

´Ïìùò ⏐n – m⏐ = ⏐m – n⏐ Üñá áöïý m<n ⇒ 1/⏐n⏐<1/⏐m⏐ ⇒ d1 < d2

1/1001 = (1/2000) + k,   (1/1002) = (1/2000) + m, …., 1/1999 = (1/2000) + n

ÅðïìÝíùò 

1/1001+1/1002+...+1/2000=(1/2000)+k+(1/2000)+m +…+(1/2000)+n + (1/2000) =

= 1000/2000 + (k + m + … + n) = (1/2) + ñ>1/2

Åðßóçò 1/1002 < 1/1001 ... 1/2000 < 1/1001

¢ñá 1/1001 + 1/1002 + ... + 1/2000 < 1000/1001 < 1

i. (x + y)/2 = [1 – (1/2003)]/2 = 2002/4006 = 1001/2003

ii. y > x ⇒ x <(x + y)/2 < y

11633 = 11(3 � 211) åíþ 37424 = 37(2 � 212)

113 = 1331 êáé 372 = 1369

¢ñá 1331211 < 1369212 ⇔ 11633 < 37424

á. (1/m) – (1/m + 1)<(1/n) – (1/n + 1) ⇔ (1/m) + (1/n + 1)<(1/n) + (1/m + 1) ⇔
[(n + 1 + m)/m(n + 1)]<[(m + 1 + n)/n(m + 1)] ⇔ 1/(mn + m)<1/(mn + n) ⇔
1/m < 1/n ⇔ m > n éó÷ýåé

5.

4.

3.

2.

1.

Ëýóåéò óôá Ðñïôåéíüìåíá èÝìáôá Ðñïåôïéìáóßáò 

Ìáèçìáôéêþí Äéáãùíéóìþí...ìéêñþí...

(áðü ôï 2ï ôåý÷ïò ôïõ «ö» óåë. 138)
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á – â – 3 � 0

â – á + 3 � 0   Üñá á – â – 3 = 0 ⇔ á = â + 3

ÅðïìÝíùò â² – 9â + 3á = â² – 9â + 3â + 9 = 25 ⇔ (â – 3)² = 25 ⇔ â = 8 Þ â = – 2

(á,â) = (11,8) Þ (1,2)

�(x� –� 5�)2� +� 1�6� + �(x� +� y� –� 3�)2� +� 4� = 6

¼ìùò ç åëÜ÷éóôç ôéìÞ ôïõ ðñþôïõ ñéæéêïý åßíáé ôï 4 êáé ôïõ äåýôåñïõ ôï 2 ,Üñá 

x – 5 = 0 êáé x + y – 3 = 0 .

¢ñá x = 5 êáé y = – 2

i. ¸÷ù 2001 + 2 + 3 + 4… + 4000 = 2001 + 2(1 + 2 + 3 + ... + 2000) =

2001 + 2 � �
2000

2

� 2001
� = 2001 + 20002 + 2000 = 20012

ii. 111...111–222...222=111...111000...000–111=111...111�(100…000–1)=111...111�999...999=9�111...1112

2n øçößá  n øçößá    n øçößá               n øçößá

¢ñá êáé óôéò äýï ðåñéðôþóåéò ôá õðüññéæá åßíáé ôÝëåéá ôåôñÜãùíá.

q² = = 1001 – �10�01�2�–�2��1�00�1�+� 1� =

1001 – �(1�00�1�–�1)�2� = 1001 – 1000 = 1 Üñá q = 1 (ãéáôß q > 0)

2002 – 2�10�01� �� 2� –� 2�00�1�
2

9.

8.

7.

6.

Ðåñéóóüôåñá (óõíïëéêÜ 47) 

ëõìÝíá èÝìáôá (óåë. 154 - 16 óôï 3ï ôåý÷ïò ôïõ “ö”
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